Abstract. A subset B ⊂ Y is constructible if it is an element of the smallest family that contains all open sets and is stable under finite intersections and complements. A function f : X → Y is said to be piece-wise closed if X can be written as a countable union of closed sets Zn such that f is closed on every Zn. We prove that if a continuous function f takes each closed set into a constructible subset of Y , then f is piece-wise closed.
A subset B ⊂ Y is constructible if it is an element of the smallest family that contains all open sets and is stable under finite intersections and complements.
In topology, a constructible set is a finite union of locally closed sets (a set is locally closed or is an LC 1 -set if it is the intersection of an open set and a closed set).
In algebraic geometry, a constructible set is any zero set of a system of polynomial equations and inequations. A function f is said to be closedconstructible (resp., closed-F σ ) if f takes closed sets into constructible (resp., F σ ) ones. It is clear that every closed-constructible function is closed-F σ .
A function f : X → Y is said to be piece-wise closedif X can be written as a countable union of closed sets Z n such that f is closed on every Z n .
Hansell, Rogers and Jayne gave a corrected form of their previous result [6, Theorem 1], [7] using additional hypotheses (a) − (d) [4, Theorem 3] .
Under hypothesis (a) (=Fleissner's axiom, which is consistent with the usual axiom ZFC), they established the correctness of their first conclusion [6] [ Lemma 2]: each continuous, closed-F σ function between absolute Souslin sets X and Y is piece-wise closed.
Unfortunately, the theory above is not sufficient for important applications such as the case of closed-LC 1 functions between non-Souslin subsets of the real line R.
Motivated by this observation, we study the extensions of the theory of closed-Borel functions, whose major case is closed-LC 2 functions (a simple case for such non-continuous functions was recently considered in [10] ).
We obtain the following main theorem: 
